Tiling
$ := a Tinite set of polygons  in K*
whose  interior confain the origin,
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wnd their - rotations }

v A

Psp  Rst P+t is colled o tile
t is called the puncture o ptt
T = {P[F ‘rile} is o tiling
& (Jr =R ., PpBeT.peg 3 Pag’ae

def,
PeT

Two tilings T od T ae close

qp  smoll E’e'ORz, lage K >0

L T+ od T/ ogree oh Blo.R)

~~>  Tiling space Tro={pee(reT)

R:- oction by Tromslation
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substitution Tiling

xZ divide
e IS ‘ k —) |
|

P rile  w() = {h.~, P} P otie

AP = UP{.

S s Jwiqy . W, wip, -

() = the set of filings T such thar
every Finite subcollections of tiles s
c.ongvuew‘t To G S‘u.bSET O'F Some wk(P)

AN Q

is O compa<T metric spoace
¢ R0 wowlion b0
w: ) — N the inFlation W%'

Under suitable hypotheses |,
w is o hoemeomorphism

(. e) minimal dynamical System

X := { Ts Q \EPST the punclture st ? = The OV"IQ.IV\B

\

= tronsversal © of €2 =~ Contor set
[ eXaX [P te R @(T)=T" ]

minimal €tale eguiv. relation on X

Il

R -

J



Thm R is offable

ie. R is orbit eghiv. 1T0 an AFJe(oa'ion

te. 3 Y  Contor set
Sc Y=Y AR - relotion
h: X =Y homeomovphism.

St hx h (R) = S

Cor R is orbit epuiv. to
. COU\TOV' m’m‘\mo.\ Z~ Syr‘rem.

AF - relation

(v, E) := Brotteli diegram
of o wutel simple Ak - alg .

X = the infinite path space = o Cordor set

Ra = {G9eXxX | =8 for Vkzn
with the velotive ToPol,ogy ‘From X x X
Roc R ¢ K c =
K = U Rn  with the inductive limit Topo(og)/

AE - relation



Absorption Theorem  ( Giordewo ~Firnam - Skaw )

Kc XX minime!  AF -reloTion
B.B* < X closed subsels
g: B = B* ho meomorphism

) V}A Invarient meosure }*(B) = /"‘('3"F ) =0
2) B, BY we K-émle

@ Ro (BxB¥) = ¢

@) §xg : R~ (BxB)—» Rn(B% B*) homeo.

—~ R® =Rv AR \xeB}
is  orbit eguiv. to R

.

In portieer , R is atfable

A * small “ extension oF an AF-veletion
(S otfable I



substitution Tiling
k3 /\Q
Q) = Ttiling space ¢: KR

X < () Contor Tronsversel
Rc XxX w: L) - 0  the inflation map

TeX ([Tlrg = R-eguiv. cdass of T
= {€%T) e X }
s { tiles i T }
AT) == ) boundary f p < R*

et bound.ary ot all
neN  9u(T) = A [wnm) n-th * supertiles *

R > AT) 2 olT) > lT) >

Detine o subrelotion Kn<c R by

2
. the origin and ts[K belony to
[T, = {({ (T1eX the same <onnecled, component

o R\ OulT)

Then we hove KicRic Kz o

RAF P = U Kn . AF- S‘ubVE\GI'toh o‘F R
the origin and te[R* belong to }
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The Chair Tiling

C
L.,JE

I

T HLJHT ;
rolr
mqi_ﬂn_ r_.n._.._”_L " ] =
A ﬁmfﬂud o H
e =1y |_“_L
1 HIJ_..”_. O}

L1

L

ol

i

LT

e h

|

w1l
L

L] L
ne

-[LII"
L]
Ipar

o

ipni

-

o
-
L

r

i
oH

| o |

I

l""'l'l'l
CH

LU

e
-

il oy B
FL'I'I
LT[ TS

| - L
=)

s

=l e

'IIJ]- C

J_I {.-IL

=y {JL.}{.—IL

nL
ol
_['JL_I =

L
J..L
L
o

oHT

HP {f ﬂ

[

H

ﬂ B e sl Lo 2
e A H L S ] Lo

{ P ﬁ?{hu R HAH S
o e e oL HLT

N Dwim)

——
—

I (T)



Three possibi[ities ......
T is of type L & 0(T) is empty
& [TIr = [Tk

Tisof typelL & 9%(T) is a line
= [T]R = [TJEAF U [T,]EAF

T is of type I & lT) is o union of half lines
é‘-‘.‘? [T]E = [T]EN: v [Tl]RAF U see U[Th]w

e

\

Type T type IL

We have OV\\y ‘F'\Mth)/ mony tygeﬂ orbits ’
becouse we have Finitely many polygons
and. eoch POlysoh hos ‘Finltely Moy Corners.



We con detine & glueing map B: B — B*

B

Bl
|

tree IL type IL

so thot <

But we camst apply the obsorption thm.

Rag v {Gx, e [ xeB}

to this fituction.

We need to cut type IL orbits




We can comstruct o subreletion Rap < Rap
such that the obsovption theorem applies

to Rag ond @¢: B — B

A~~~y /\'\é = RA/F 1% {(x.@(x))lxel?}
is atfable
Bt . R < K

R con be written oS o " Finite exl‘em‘wv\"
of K
e, T (TLTV) -, (W)

L. R = /ls v {(T«; ) li=l,2,"*,r\}

becouse we have on\y ‘F'mitely mw\y Gy pe I orbits .

By applying the absorplion thm. again,

we com show R is atfoble.



